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Supercavitation can significantly reduce the drag of high-speed underwater vehicles. To be located inside the cavity, the

shape of the hull varies at different operating velocities and becomes very slender at high speeds. Simple estimations
showed that at steady horizontal motion, the drag of a properly shaped supercavitating vehicle of a given volume
decreases with increasing speed. This drag reduction opens up prospects for designing large high-speed underwater
vehicles and even supersonic submarines.
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Суперкавiтацiя може суттєво знизити опiр високошвидкiсних пiдводних апаратiв. Щоб корпус розташовувався
всерединi каверни, його форма має бути рiзною при рiзних швидкостях руху i стає дуже видовженою на великих
швидкостях. Простi оцiнки показали, що при усталеному горизонтальному русi опiр вiдповiдно сконструйованого

суперкавiтуючого апарата фiксованого об’єму зменшується зi зростанням швидкостi. Це спадання опору вiдкриває
перспективи створення великотоннажних високошвидкiсних пiдводних апаратiв i навiть надзвукових пiдводних
човнiв.

КЛЮЧОВI СЛОВА: суперкавiтуючий апарат, зниження опору, надзвуковий потiк води

Суперкавитация может существенно снижать сопротивление высокоскоростных подводных аппаратов. Для разме-

щения корпуса внутри каверны его форма должна изменяться при разных скоростях движения и становится очень
удлиненной на больших скоростях. Простые оценки показали, что при установившемся горизонтальном движении
сопротивление соответственно сконструированного суперкавитирующего аппарата уменьшается при возрастании
скорости. Это падение сопротивления открывает перспективы создания крупнотоннажных высокоскоростных
подводных аппаратов и даже сверхзвуковых подводных лодок.

КЛЮЧЕВЫЕ СЛОВА: суперкавитирующий аппарат, снижение сопротивления, сверхзвуковое течение воды

INTRODUCTION

The drag of underwater vehicles can be reduced
by using the special shaped hulls without boundary
layer separation (see Fig. 1a, [1, 2]) or by decreasi-
ng the area wetted by water, i.e., by the use of
supercavitation (see Fig. 1b and 1c). In the case of
supercavitation the main part of the hull is located
inside the cavity, therefore the skin-friction drag can
be significantly reduced, since the density of vapor
or/and gas inside the cavity is approximately 800
time less than the water density ρ . This idea was
developed in many theoretical, numerical and experi-
mental investigations in many countries, [3-15]. In
particular, the supersonic velocities (greater than the
speed of sound a ≈ 1450 m/s) were achieved for
small supercavitating projectiles, launched by guns
or special catapults [13-15].

Recently researchers in China are reporting
that they have taken a big step towards creati-
ng a supersonic submarine. This technology could

theoretically get from Shanghai to San Francisco —
about 6,000 miles — in just 100 minutes [16]. The
supercavitating flow pattern shown in Figs. 1b, 1c
yields a large pressure drag, because of the high
pressure acting on the cavitator (a part of the hull,
wetted by water). In this paper we will estimate
this drag and discuss the possibility of constructing
corresponding hulls and obtaining sufficient thrust to
move a large vehicle at supersonic velocity.

1. PRESSURE DRAG ESTIMATIONS

FOR DISC OR NON-SLENDER

CONIC CAVITATORS

The pressure drag X for the steady hori-
zontal supercavitating motion at velocity U can be
expressed with the use of different drag coefficients,
based on the vehicle volume V , the cavitator radius
Rn and the depth of movement h (in meters):

X = 0.5CV ρU2V 2/3 = CV hρg(h + 10)V 2/3 =

52 c© И. Г. Нестерук, 2015



ISSN 1561 -9087 Прикладна гiдромеханiка. 2015. Том 17, N 4. С. 52 – 57

//
Fig. 1. Different axisymmetric underwater flow

patterns:
а) flow without boundary layer separation;

b) supercavitating flow with a disc cavitator;
c) supercavitating flow with a slender conical

cavitator;
the hull is located in the nose part of the cavity only

(1)

= 0.5πCxρU2R2

n

Here g is the acceleration of gravity.
For disc or non-slender conic cavitators (with the

angle 2θ, θ > 250) at subsonic velocities U << a ,
the semi-empiric Garabedian formulas, [17]:
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√
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can be used to estimate the cavity shape at high
Froude numbers. Here R is the cavity radius, based
on the cavity length; λ is the cavity aspect ratio; D is
the maximal cavity diameter; L is the cavity length;
σ is the cavitation number; Cx is the pressure drag on
the cavitator based on its area. The cavity volume can
be obtained by integrating of the first eq. (2). Then
for a vehicle which uses the cavity volume completely
(as shown in Fig. 1b), the volumetric drag coefficient
can be presented as follows, [18]:

CV =
3

√

9πσ4

−16 lnσ
, σ =

2g(h + 10)

U2
. (3)

We consider only the case of vapor cavitation and
neglect the pressure of vapor and gas inside the cavity
in comparison with the ambient water pressure. For
ventilated cavities (see, e.g., [9-11]) the gas pressure
must be taken into account. For very high-speed vehi-
cles moving at limited depth there is no need to use
ventilation since the cavitation number is small and
the cavity is large enough to locate the hull inside it.
It must be noted that the value CV does not depend
on θ and tends to zero with diminishing of the cavi-
tation number (or with increasing the velocity).

2. DRAG ESTIMATIONS ON SLENDER

CAVITATORS IN COMPRESSIBLE FLUID

For the potential of the steady axisymmetric flow
around a slender body, the Laplace equation can be
represented as follows, [19]:

(1 − M2)
∂2Φ

∂x2
+

1

r

∂Φ

∂r
+

∂2Φ

∂r2
= 0, M =

U

a

for both the subsonic M < 0.9 , and the supersonic
M > 1.1 cases (the transonic case needs a special
treatment).

By means of the matched asymptotic expansion
method identical to one presented in [20] or through
the separation of the leading term of order ε2lnε (ε
is a small parameter, ratio of the maximum radius of
the cavity or hull Rm to the length L, see Fig.1) in
the corresponding expressions of the monograph [19],
the following formulas for the flow potential can be
obtained, [21, 22]:

Φ(x, r, ε) = x + ε2 ln εA(x)+

(4)

+ε2{A(x) ln(ωr∗) + B(x)} + O(ε4 ln2 ε)

r∗ =
r

ε
; A(x) = F

dF
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; F (x) =

R(x)

ε
; ε <<

1

M
;

(5)

ω =
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|M2 − 1|; B(x) = −A(x) ln 2 − I(x)

I(x) =































1

2

1
∫

0

dA(ξ)
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x
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0
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(6)
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For the subsonic flows, eqs. (4) – (6) differ from
Cole’s potential [20] only by the presence of the addi-
tional term A(x) lnω. In the supersonic case there are
some additional differences in the integral item (6).
The substitution of eq. (4) into Bernoulli integral and
neglecting the gravity forces yield

ε2 ln ε
dA

dx
+ ε2

[

dA

dx
ln(ωF ) +

dB

dx
+

A2

2F 2

]

+

(7)

+O
(

ε4 ln2 ε
)

= 0.5σ.

Since eq. (7) is of the same structure as the
corresponding equation in incompressible fluid, their
solutions are identical in structure as well. With the
use of asymptotical method, presented in [23], the
first and second approximation equations can be wri-
tten as follows:

ε2
d2f1

dx2
=

d2R2

dx2
=

σ

ln ε
, (8)
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2
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+ O

(
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)

.

Here A1 = 0.5df1/dx and the functionsB1, I1 can be
obtained from (5) and (6) through the substitution
of A1 for A.

The first approximation eq. (8) and its solution for
the cavity radius (at ε = β)

R2

R2
n

= α
x2

R2
n

+2β
x

Rn
+1, α =

σ

2 lnβ
, β = tg (θ) (10)

are valid for both sub- and supersonic velocities and
coincide with the corresponding equation for the
incompressible fluid, [24].

Equation (10) allows calculating the maximal cavi-
ty diameter D; the cavity length L and the cavi-
tator+cavity aspect ratio λ:

D =
D

Rn
= 2

√

1 − β2

α
,

(11)

L =
L

Rn
=

−β −
√

β2 − α

α
, λ =

L + 1/β

D
.

The influence of the compressibility becomes
perceptible only from the second approximation. The

analytical formulas for the second approximation are
presented in [22, 25]. It was shown that for a subsonic
flow of compressible imponderable fluid at σ > 0,
the supercavity dimensions are greater than those in
incompressible fluid (M → 0). The most significant
influence of the compressibility occurs as U → α. But
the water compressibility extends the cavity sizes no
more than by 10%.

In the supersonic case for positive values of the
cavitation number in the Mach number range 1.1 ≤
M ≤ 1.3, the dimensions of the cavity are greater
than in incompressible fluid (M → 0), whereas at
M ≥ 1.5 they become less. However, the deviations
from the values describing the case of incompressible
fluid do not exceed 10%.

In incompressible fluid the pressure drag of the
conical cavitator is determined in [26] with the use
of the first approximation for the cavity shape and
is in a good agreement with the experimental data
and numerical calculations. Since the first approxi-
mation of the cavity shape doesn’t depend on the
Mach number (see (8), (10)), the method offered in
[26] was simply generalized in [22, 25] for the case
of compressible liquid and the following equation was
obtained for the pressure drag coefficient of slender
cones in the subsonic flows (M < 0.9 ):

Cx = Cx0 + σ +
σ(l2 − l − 2l ln l + l2 ln l − l2k ln lk

2l2k lnβ
,

(12)

lk =
1

1 + βL
, l = 1 − lk.

Cx0 = −2β2

(

ln
βω

2
+ 1

)

. (13)

In the supersonic case (M > 1.1), the drag on the
cavitator doesn’t depend on the cavity shape and the
following formulas can be obtained for the slender
conical cavitators, [19, 22, 25]:

Cx = Cx0 + σ, Cx0 = −2β2

(

ln
βω

2
+

1

2

)

. (14)

So, the compressibility of liquid influences only on
the value Cx0 which can be treated as a theoreti-
cal limit of the drag when σ → 0. Specifically, for
conic cavitator, this value Cx0 is determined by eqs.
(13) and (14) in the subsonic and supersonic cases,
respectively. The numerical results based on formulae
(13) and (14) are represented in Fig. 2 by lines for
cones with different values of the angle 2θ. Some
numerical results available in the literature are also
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Fig 2. Calculations of the cx0 values for different
conical cavitators.

Slender body theory (eqs. (13) and (14), [22, 25])
are represented by lines, non-linear numerical

methods [27, 28] – by markers

shown in Fig. 2 by markers. It can be seen that
formulas (13) and (14), obtained with the use of the
slender body theory, are in rather good agreement
with the numerical non-linear calculations performed
in [27, 28]. It should be noted that the drag increases
as the Mach number is near 1.0. This tendency is si-
gnificant for thicker cones. Thus, slender conical cavi-
tators are preferable for supersonic vehicles (similar
situation occurs in the case of supersonic airplanes,
which have a sharp nose).

Knowing Cx , the drag coefficients CV and CV h
can be calculated with the use of eqs. (1), (10) and
(12-14)

CV = πCx

[

R3
n

γV1

]2/3

, CV h =
0.5CV U2

g(h + 10)
;

(15)

Vt

R3
n

= π

(

1

3β
+

α

3
L

3

+ βL
2

+ L

)

, γ =
V

Vt
≤ 1,

where γ is the part of the cavitator+cavity volume
Vt used to locate the hull. To estimate the additional
laminar friction drag on the slender conical cavitator
with the volume Vb = π/(3β), the following formula
was used, [29]:

∆CV =
4.708√
Re V

√

Vb

V
; Re V =

UV 1/3

ν
. (16)

3. RESULTS AND DISCUSSION

The results of calculations with the use of (11)-
(16) are represented in Figs. 3 and 4. Fig. 3 shows
that the volumetric drag coefficient slightly depends
on the cavitator shape and increases with increasing
the depth of horizontal movement. To compare with
the laminar useparated flow pattern (as shown in Fig.
1a), formula (16) with Vb = V and the water viscosity
ν = 1.3 · 10−6 m2/s was used for different values of
the vehicle volume V = 10−3; 1; 103m3 (see dotted li-
nes). In can be seen that supercavitation is preferable
for small and very fast vehicles (the examples of the
calculations of the critical hull volume are presented
in [18]). Equation (16) yields estimation for the mi-
nimum possible drag of the attached flow pattern,
since at large Reynolds numbers, the friction drag
drastically increases due to the turbulence. The cri-
tical Reynolds number for the laminar-to-turbulent
transition can be rather high for slender unseparated
bodies, [30, 31], nevertheless at large subsonic and
supersonic speeds the use of supercavitation is evi-
dently preferable.

The CV h calculations (shown in Fig. 4) are very
surprising, since drag of a supercavitating vehicle
of a fixed volume (its hull shape is changeable to
be located inside the cavity), moving at constant
depth, decreases with the increasing the velocity (see
dashed (disc or non-slender conical cavitator) and
solid (slender conical cavitator, β = 0.1) lines). In
particular, the drag of a proper shaped supersonic
vehicle can be smaller than subsonic one. This feature
is only inherent with supercavitation. In air (or in
water without separation) the drag increases with
speed.

At very high velocities the use of supercavitation
is limited by the increase of the corresponding aspect
ratio of the cavity (see dotted lines for the slender
conical cavitator, β = 0.1). The aspect ratio of the
vehicle λV - can be smaller than λ , but in this case
only a part of the cavity volume is used to locate
the hull (as shown in Fig. 1c), the value γ decreases
and CV and CV h increase (see eq. (15)). Thus, at
very high speeds and small depths supercavitation
requires very strong and slender hulls to withstand
heavy longitudinal forces and to avoid buckling. To
balance the weight of the supercavitating vehicle the
corresponding lift force must be created with the
use of planning or fins, piercing the cavity (see, e.g.,
[12]). Some estimations of the corresponding additi-
onal drag are presented in [18].

Let us estimate the thrust of a supersonic
underwater submarine (U = 1600m/s; V =
1000m3; h = 10m, β = 0.1; λV = 80, γ = 0.5)
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Fig 3. Volumetric drag coefficients for supercavitating (at different values of the depth h; γ = 1) and
attached flows. Disc and non-slender conical cavitators – eq. (3), dashed lines; slender conical cavitators,
eqs. (11)-(16): solid lines V = 1m3; β = 0.05; 0.1; 0.2 (thickness decreases for slenderer ones); “stars” –

V = 10−3m3;β = 0.05; “crosses” – V = 1000m3 ; β = 0.05. Values of CV for the laminar unseparated flow
pattern (shown in Fig. 1a) are represented by dotted lines for V = 10−3; 1; 1000m3 (the thickness is

increasing with the vehicle volume; eq. (9), Vb = V )

Fig 4. Drag coefficients CV h (γ = 1) and the cavitator+cavity aspect ratio at different values of the depth
h = 10; 50; 200 m (the thickness of the lines is increasing with the depth). CV h for disc and non-slender
conical cavitators, eq. (3), (15) – dashed lines; for the slender conical cavitator, eqs. (11) – (15), β = 0.1;
V = 1m3 - solid lines. Values λ/1000 for the slender conical cavitator, eq. (11), β = 0.1 -– dotted lines

which must be equal to the drag in the horizontal
steady motion. We can expect a very small value of
CV ≈ 10−5, if its very slender hull is located inside
the cavity (as shown in Fig. 1c). Then X ≈ 1280kN
and is comparable with the thrust of modern rocket
engines. To estimate the range of such submarine let
us use the relationship between the operation time T
and the specific impulse Isp and the mass mf of the
fuel: T = Ispmf/X. At Isp = 5000m/s and mf = 106

the operation time is approximately 3900 seconds and
the range of the submarine is approximately 6250 km,
i.e., comparable with the distance between Shanghai

and San-Francisco.

CONCLUSIONS

The drag of a supercavitating vehicle was esti-
mated with the use of the slender body theory for sub-
and supersonic velocities. The results are in rather
good agreement with the known non-linear calculati-
ons. It was revealed that at steady horizontal moti-
on, the drag of a properly shaped supercavitating
vehicle of a given volume decreases with increasing
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speed. This drag reduction opens up prospects for
designing large high-speed underwater vehicles and
even supersonic submarines, since the correspondi-
ng thrust values could be obtained with the use
of modern rocket engines. To be located inside the
cavity, the shape of the hull varies at different
operating velocities and becomes very slender at high
speeds. This fact creates challenges to strengthen the
construction of the hulls in order to withstand heavy
longitudinal forces and to avoid buckling.
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